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Some Inequalities for Grotzsch Ring Function
MA Xiaoyan' » TU Guoyan”
(1. School of Science, Zhejiang Sci-Tech University, Hangzhou 310018, China;
2. Tongji Zhejiang College, Jiaxing 314051, China)

Abstract: This paper establishes the relationship among the Grétzsch ring function ;1(7) s the complete
elliptic integrals of the second kind e(7) and the Hiibner function m() in Ramanujan modular equation. By
studying the monotonicity properties of p(r) and some combinations of elementary functions and special
funcitons, several inequalities are gained. The upper and lower boundaries of ;1 () +log (r) are given
according to these results. Thus, known estimation is improved. Meanwhile, inequality form of ;1(r) such
as Landen identical equation is given. All results contribute to studying the theory of Ramanujan modular
equation.

Key words: Gaussian hypergeometric function; Grétzsch ring function; Ramanujan’s modular
equation; inequality
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